Linear ultrasonic array design using cantor set fractal geometry by Fang, H. et al.
Fang, H. and Qiu, Z. and Mulholland, A. J. and O'Leary, R. L. and 
Gachagan, A. (2018) Linear ultrasonic array design using cantor set 
fractal geometry. In: 2018 International Workshop on Acoustic 
Transduction Materials and Devices, 2018-05-08 - 2018-05-10. , 
http://dx.doi.org/10.1109/ULTSYM.2018.8580016
This version is available at https://strathprints.strath.ac.uk/67261/
Strathprints is  designed  to  allow  users  to  access  the  research  output  of  the  University  of 
Strathclyde. Unless otherwise explicitly stated on the manuscript, Copyright © and Moral Rights 
for the papers on this site are retained by the individual authors and/or other copyright owners. 
Please check the manuscript for details of any other licences that may have been applied. You 
may  not  engage  in  further  distribution  of  the  material  for  any  profitmaking  activities  or  any 
commercial gain. You may freely distribute both the url (https://strathprints.strath.ac.uk/) and the 
content of this paper for research or private study, educational, or not-for-profit purposes without 
prior permission or charge. 
Any correspondence concerning this service should be sent to the Strathprints administrator: 
strathprints@strath.ac.uk
The Strathprints institutional repository (https://strathprints.strath.ac.uk) is a digital archive of University of Strathclyde research 
outputs. It has been developed to disseminate open access research outputs, expose data about those outputs, and enable the 














CduvtcevÏ" Pcvwtcnn{" qeewttkpi" tguqpcvkpi" u{uvgou" wvknk¦g"
uvtwevwtgu"eqpvckpkpi"c"tcpig"qh"ngpivj"uecngu"vq"rtqfweg"c"dtqcf"
qrgtcvkpi" dcpfykfvj0" Kv" jcu" rtgxkqwun{" dggp" tgrqtvgf" vjcv" c"
rkg¦qgngevtke"eqorqukvg"vtcpufwegt"dcugf"qp"c"htcevcn"igqogvt{."
yjkej" vjgtgd{" kpvtqfwegu" eqorqpgpvu" ykvj" xct{kpi" ngpivj"
uecngu." tguwnvu" kp" c"ykfgt" qrgtcvkqpcn" dcpfykfvj" cpf" c" jkijgt"
ugpukvkxkv{0" " Kp" vjku" rcrgt." vjg" yqtm" ku" pqy" gzvgpfgf" vq" cp"
wnvtcuqpke" cttc{" fgxkeg" wukpi" c" Ecpvqt" Ugv" *EU+" htcevcn"
igqogvt{0"Vjg"dgjcxkqt"qh" vjku" htcevcn"cttc{" ku"gzrnqtgf"wukpi"
dqvj" hkpkvg" gngogpv" *HG+" oqfgnkpi" cpf" gzrgtkogpvcvkqp."
kpenwfkpi"eqorctkuqp"ykvj"c"eqpxgpvkqpcn"4/4"nkpgct"cttc{0"Vjg"
HG" ukowncvgf" rwnug/gejq" tgurqpugu" eqttgncvg" ygnn" ykvj" vjg"
gzrgtkogpvcn" fcvc." yjkej" kpfkecvgu" vjcv" vjg" EU" htcevcn" cttc{"
gngogpvu"rquuguugf"c"ykfgt" /"8"fD"dcpfykfvj" *7905"'"cickpuv"
6;06"'+."cpf"c"jkijgt"ugpukvkxkv{."*3306"oX"cickpuv":0;"oX"rgcm/
vq/rgcm" xqnvcig+" eqorctgf"ykvj" c" eqpxgpvkqpcn" 4/4" fgukip0" Kp"
cffkvkqp."cp"kortqxgf"etquuvcnm"tgfwevkqp"ku"cejkgxgf"d{"vjg"EU"
htcevcn"cttc{0"Kocigu"qh"c"yktg/ycvgt"rjcpvqo"rtqfwegf"d{"vjg"
vyq" cttc{u" wukpi" vjg" vqvcn" hqewukpi" ogvjqf" *VHO+" cpf" hwnn"
ocvtkz"ecrvwtkpi"*HOE+"fcvc" ujqyu"vjcv"vjg"EU"htcevcn"cttc{"









C" v{rkecn" wnvtcuqpke" cttc{" eqortkugu" c" pwodgt" qh""
kpfkxkfwcn" rkg¦qgngevtke" gngogpvu" ykvj" vjg" egpvgt/vq/egpvgt"
urcekpi" nguu" vjcp" そ^4" ]3_0" Gcej" kpfkxkfwcn" gngogpv" ecp" dg"
gzekvgf"kpfkxkfwcnn{."d{"crrnkecvkqp"qh"fkhhgtgpv"vkog"fgnc{u."
vgtogf"cu"vjg"hqecn"ncy0"Jgpeg"dgco"uvggtkpi"qt"hqewukpi"ecp"
dg" etgcvgf" gngevtqpkecnn{." kortqxkpi" vjg" hngzkdknkv{" qh" vjg"
kocikpi" rtqeguu" ]4_0" Wnvtcuqwpf" cttc{" vgejpkswgu" ctg"
gzvgpukxgn{" wugf" kp" oqfgtp" enkpkecn" fkcipquvke" cpf"
vjgtcrgwvke" crrnkecvkqpu" ]5_." uwej" cu" tgcn/vkog" dnqqf" hnqy"
ogcuwtgogpv" ]6_" cpf" pqp/kpxcukxg" uwtigt{" ]7_" cpf" kp"
kpfwuvtkcn" crrnkecvkqpu" uwej" cu" pqp/fguvtwevkxg" vguvkpi" cpf"
gxcnwcvkqp" *PFV(G+" ]8_" fwg" vq" vjg" cfxcpvcig" qh" jkij"
ugpukvkxkv{."hngzkdknkv{"cpf"kvu"cdknkv{"vq"dg"iwkfgf"cpf"hqewugf"
gcukn{"]9_0"""
Vjg" dgjcxkqt" qh" cp" wnvtcuqpke" cttc{" vtcpufwegt" ecp" dg"
oqfkhkgf"d{"xctkqwu"uejgogu0"Uqog"tgugctejgtu"wug"ocvgtkcnu"
ykvj" gpjcpegf" rkg¦qgngevtke" rtqrgtvkgu" vq" kortqxg" vjg"
rgthqtocpeg" qh" vjg" wnvtcuqwpf" vtcpufwegt0" Hqt" gzcorng."
Yqpi"gv"cn0"]:_"fgukipgf"c"jkij"htgswgpe{."42"OJ¦."rjcugf"
cttc{" wnvtcuqwpf" vtcpufwegt" ykvj" c" ROP/RV" ukping" et{uvcn"
ocvgtkcn" hqt" jkij/tguqnwvkqp" kocikpi0" Vjku" ukping" et{uvcn"





rtqxkfg" gngevtkecn" korgfcpeg" ocvejkpi" dgvyggp" gcej" cttc{"












c" ukping" gngogpv" rkg¦qgngevtke" vtcpufwegt" fgukip." wukpi" vjg"
Ukgtrkpumk" Icumgv" *UI+" htcevcn" igqogvt{" vq" kpvtqfweg"







Vjg"fgukip" urceg"qh" vjku"EU" htcevcn"cttc{" ku"gzrnqtgf"wukpi"
hkpkvg" gngogpv" *HG+" oqfgnkpi" *R¥Hngz." QpUecng" Kpe."
Ewrgtvkpq." EC+" cpf" eqorctgf" ykvj" c" uvcpfctf" 4/4"
eqppgevkxkv{." 46/gngogpv" cttc{" fgxkeg0" Vjg" gzrgtkogpvcn"
rgthqtocpeg" qh" vjg" hcdtkecvgf" cttc{" gngogpvu." dqvj"EU" cpf"
eqpxgpvkqpcn"4/4"cttc{."ctg"ejctcevgtk¦gf"cpf"eqorctgf0"Vjg"
etquuvcnm" rgthqtocpeg" qh" dqvj" cttc{" fgxkegu" ku" ogcuwtgf"
wukpi"c"5F"ncugt"fqrrngt"xkdtqogvgt0"Vjg"kocikpi"cpf"fghgev"
uk¦kpi"ecrcdknkv{"qh" vjg" vyq"cttc{u" ku" vjgp"gxcnwcvgf"d{" hwnn"
ocvtkz"ecrvwtg"*HOE+"cpf"vjg"vqvcn"hqewukpi"ogvjqf"*VHO+"
ykvj"c"yktg/ycvgt"rjcpvqo0"Oqtgqxgt."kp"qtfgt"vq"kpvtqfweg"c"










Vjg"ykfvju"୬"cpf"୬"ujqyp" kp"Hki0" 3" ecp"dg" ecnewncvgf"xkc"c"kvgtcvkqp"twng"fguetkdgf"kp"Gswcvkqp"*3+"cpf"*4+"ykvj"c"
uecnkpi"hcevqt."݇"*yjgtg" ? ൏ ݇ ൏  ?Ǥ ?+0"
" ௡ܲ ൌ  ௡ܲିଵ  ? ݇ *3+"









eqpxgpvkqpcn" cttc{." tgurgevkxgn{0" Jqygxgt." kv" ecp" dg" uggp"
htqo"Hki0"4"*c+."vjcv"gcej"kpfkxkfwcn"EU"htcevcn"cttc{"gngogpv"
eqpvckpu"egtcoke"rknnctu"kp"vyq"fkhhgtgpv"uk¦gu"*ଵ ൌ  ?Ǥ ? ?"oo"cpf" ଶ ൌ  ?Ǥ ? ?"oo+" kp" vjg" z/fkogpukqp." yjgtg" vjg" rknnct"ykfvj"qh"vjg"eqpxgpvkqpcn"cttc{"gngogpv."ୡ."ku"2037"oo0"Vjg"ocvgtkcnu" ugngevgf" hqt" vjg" cevkxg" cpf" rcuukxg" rjcugu" ygtg"







ykvjqwv" ocvejkpi" cpf" dcemkpi" kp" gcej" cttc{" fgukip" ycu"
ukowncvgf"cpf"ku"ujqyp"kp"Hki0"50"Kv"ecp"dg"uggp"vjcv"vjgtg"ctg"
vyq"tguqpcpv"oqfgu"gzjkdkvgf"kp"vjg"EU"htcevcn"cttc{"gngogpv."
yjkej" ctg" nqecvgf" cv" :39" mJ¦" cpf" 32:8" mJ¦0" Hqt" vjg"



















vjkempguu" tguqpcpeg" htgswgpe{" qh" vjg" EU" htcevcn" cttc{"
gngogpv0"Hqt"vjg"eqpxgpvkqpcn"cttc{"fgukip"kp"Hki0"6"*e+."cv"kvu"







Kp" qtfgt" vq" cuuguu" vjg" korwnug" tgurqpug" qh" gcej" fgukip."
dqvj" cttc{" fgukipu" ygtg" eqphkiwtgf" ykvj" c" fwcn" ocvejkpi"
nc{gt."yjgtg" vjg" ceqwuvke" korgfcpeg"qh" vjg" kppgt" cpf"qwvgt"
ocvejkpi" nc{gt" ku" 7094" OTc{nu" cpf" 409:" OTc{nu."
tgurgevkxgn{0"C"dcemkpi"qh":084"OTc{nu"ycu" ugngevgf" vq"dg"
ocpwhcevwtgf"htqo"vwpiuvgp"nqcfgf"grqz{0""










Htqo" Hki0" 7" cpf" Vcdng" K." c" 3802" '" dcpfykfvj"
kortqxgogpv" jcu" dggp" cejkgxgf" d{" vjg" EU" htcevcn" cttc{"
gngogpv."ykvj"tgurgev"vq"vjg"eqpxgpvkqpcn"4/4"cttc{"gngogpv0"




Vjg"rkg¦qeqorqukvg"cevkxg" nc{gt"qh" vjg"EU" htcevcn" cttc{"
cpf" vjg" eqpxgpvkqpcn" 4/4" cttc{" ygtg" hcdtkecvgf" wukpi" vjg"
eqpxgpvkqpcn" fkeg/cpf/hknn" vgejpkswg0" Vjg" uetcvej" fkekpi"
vgejpkswg"ycu"wvknkugf"hqt"gngogpv"gngevtkecn"kuqncvkqp."yjgtg"
46"nkpgct"gngogpvu"ygtg"fghkpgf"hqt"gcej"cttc{"fgxkeg"cpf"c"








Vjg" cttc{" gngogpv" uwthceg" fkncvkqp" qh" vjg" hcdtkecvgf" EU"
htcevcn" cttc{" cpf" eqpxgpvkqpcn" nkpgct" cttc{" ycu" ogcuwtgf"
wukpi"c"Rqn{vge"RUX/522"uecppkpi"ncugt"Fqrrngt"xkdtqogvgt"






Kv" ecp" dg" uggp" htqo" Hki0" 9" vjcv" vjg" etquuvcnm" qh" vjg"EU"
htcevcn"cttc{"ku"cv"c"ukoknct"ngxgn"vq"vjg"eqpxgpvkqpcn"cttc{"hqt"
vjg"hktuv"cflcegpv"gngogpvu"dwv"7"vq"37"fD"nqygt"hqt"vjg"ugeqpf"






fgxkegu" ygtg" ogcuwtgf" wukpi" c" ownvk/gngogpv" cttc{"











vq" gxcnwcvg" cpf" eqorctg" vjg" kocikpi" cpf" fghgev" uk¦kpi"
ecrcdknkv{"qh"dqvj"cttc{u."yjgtg"vjg"fkcogvgt"qh"vjg"yktgu"ctg"






Kv" ecp" dg" uggp" vjcv" vjg" EU" cttc{" rtqfwegf" c" jkijgt"
tguqnwvkqp" VHO" kocig" eqorctgf" vq" vjg" eqpxgpvkqpcn" cttc{"
cpf" korqtvcpvn{." vjg" kocikpi"ctvghcevu"cuuqekcvgf"ykvj"gcej"
yktg"kpfkecvkqp"ctg"tgfwegf"hqt"vjg"EU"cttc{0"Wukpi"vjg"/8"fD"
uk¦kpi"ogvjqf." vjg" ceewtce{" qh" vjg"EU" htcevcn" cttc{" hqt" vjg"
yktg"ykvj"207"ߣ."2097"ߣ"cpf"302"ߣ"fkcogvgt" ku"606"'."4207"'"
cpf" 6909" '" dgvvgt" vjcp" vjg" eqpxgpvkqpcn" nkpgct" cttc{0"
Oqtgqxgt."vjg"ukipcn"uvtgpivj"kp"vjg"EU"cttc{"kocig"ku"50:"fD"




Kp" qtfgt" vq" kpvtqfweg" c" jkijgt" htcevcn" igpgtcvkqp" ngxgn"














tguwnv"qh" vjg" kpvtqfwevkqp"qh"c"jkij" htcevcn" igpgtcvkqp" ngxgn0"
Vjg"EV"ukowncvkqp"tguwnvu"kpfkecvg"vjcv"vjg"ugpukvkxkv{"ku"nqygt"









cttc{" fgukipu." yjgp" eqorctgf" vq" vjg" eqpxgpvkqpcn" cttc{"
eqphkiwtcvkqpu." gurgekcnn{" hqt" vjg" EV" cttc{" gngogpv"
eqortkukpi"c"oqtg"eqorngz"htcevcn"igqogvt{0""
C" EU" htcevcn" cpf" c" eqpxgpvkqpcn" nkpgct" cttc{" ykvj" 46"
gngogpvu"ygtg" hcdtkecvgf"cpf"ejctcevgtkugf0"Vjg"rwnug/gejq"
tgurqpug" qh" cnn" gngogpvu" dgjcxgf" wpkhqton{" kp" gcej" cttc{"
fgukip"cpf"vjg"gzrgtkogpvcn"fcvc"ocvejgf"ygnn"ykvj"vjg"HG"
ukowncvgf" tguwnvu0" Vjg" etquuvcnm" qh" dqvj" cttc{" fgxkegu" ycu"
ogcuwtgf." yjgtg" c" 7" vq" 37" fD" etquuvcnm" tgfwevkqp" hqt" vjg"
ugeqpf"cflcegpv"gngogpvu"ecp"dg"cejkgxgf"d{"vjg"EU"htcevcn"
cttc{" fgukip0" Ncuvn{." yjgp" eqorctgf" vq" vjg" eqpxgpvkqpcn"
cttc{."cp"kortqxgf"kocikpi"ecrcdknkv{"kp"vgtou"qh"vjg"kocig"
tguqnwvkqp" cpf" ukipcn" uvtgpivj" ecp" dg" qdvckpgf" d{" vjg" EU"
htcevcn"cttc{0"
Kp"vjg"hwvwtg."vjg"EV"htcevcn"cttc{"yknn"dg"hcdtkecvgf"cpf"
hwnn{" ejctcevgtkugf" tgictfkpi" kvu" rwnug/gejq" tgurqpug."
etquuvcnm"cpf"kocikpi"rgthqtocpeg0"
""TGHGTGPEGU"
]3_" D0" Y0" Ftkpmycvgt" cpf" R0" F0" Ykneqz." ÐWnvtcuqpke" cttc{u" hqt" pqp/
fguvtwevkxg"gxcnwcvkqp<"C"tgxkgy.Ñ"PFV"G"Kpv0."xqn0"5;."pq0"9."rr0"747Î
763."42280"
]4_" C0" OePcd" cpf" O0" L0" Ecordgnn." ÐWnvtcuqpke" rjcugf" cttc{u" hqt"
pqpfguvtwevkxg"vguvkpi.Ñ"PFV"Kpv0."xqn0"42."pq0"8."rr0"555Î559."3;:90"




Ujwpi." ÐC" jkij/htgswgpe{." jkij" htcog" tcvg" fwrngz" wnvtcuqwpf" nkpgct"
cttc{"kocikpi"u{uvgo"hqt"uocnn"cpkocn"kocikpi.Ñ"Wnvtcuqp0"Hgttqgngevt0"
Htgs0"Eqpvtqn0"KGGG"Vtcpu0."xqn0"79."pq0"9."rr0"376:Î3779."42320"
]7_" G0" D0" Jwvejkpuqp." ÐKpvtcecxkvct{" wnvtcuqwpf" rjcugf" cttc{u" hqt"
pqpkpxcukxg" rtquvcvg" uwtigt{.Ñ" KGGG" Vtcpu0" Wnvtcuqp0" Hgttqgngevt0"
Htgs0"Eqpvtqn."xqn0"65."pq0"8."rr0"3254Î3264."3;;80"
]8_" U0"Ocjcwv."Q0"Tq{."E0"Dgtqpk."cpf"D0"Tqvvgt."ÐFgxgnqrogpv"qh"rjcugf"













]32_" J0" E0" [cpi." L0" Ecppcvc." L0" Yknnkcou." cpf" M0" Ujwpi." ÐEtquuvcnm"
tgfwevkqp"hqt"jkij/htgswgpe{"nkpgct/cttc{"wnvtcuqwpf"vtcpufwegtu"wukpi"





vtcpufwegt" wukpi" Ukgtrkpumk" Icumgv" htcevcn" igqogvt{.Ñ" KGGG" Kpv0"
Wnvtcuqp0"U{or0"KWU."xqn0"4238ÎPqxgo."42380"
]34_" I0"Jc{yctf"cpf"L0"J{unqr."ÐFgvgtokpcvkqp"qh" ncod"ycxg"fkurgtukqp"
fcvc" kp" nquu{" cpkuqvtqrke" rncvgu" wukpi" vkog" fqockp" hkpkvg" gngogpv"




fcvc" kp" nquu{" cpkuqvtqrke" rncvgu" wukpi" vkog" fqockp" hkpkvg" gngogpv"




vjg" hwnn" ocvtkz" qh" wnvtcuqpke" vtcpuokvÎtgegkxg" cttc{" fcvc" hqt" pqp/
fguvtwevkxg"gxcnwcvkqp.Ñ"PFV"G"Kpv0."xqn0"5:."pq0":."rr0"923Î933."Fge0"
42270"
"
